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A comprehensive investigation of the elastic, mechanical, and thermo-acoustic properties of lead monochalcogenides PbX (X = S, 
Se) has been carried out along the principal crystallographic directions 〈100〉, 〈110〉 and 〈111〉  within the temperature range of 
0-300 K using the ultrasonic non-destructive evaluation method. The second- and third-order elastic constants (SOECs and TOECs)
were computed using the Coulomb and Born–Mayer potential frameworks, confirming the elastic stability of the materials under
study. Derived mechanical parameters and ultrasonic velocities were obtained from SOECs, indicating brittle mechanical behavior
based on Pugh’s ratio. At 300 K, the Debye temperature, Debye velocity, lattice thermal conductivity, acoustic nonlinearity
parameter, and ultrasonic attenuation coefficient were evaluated along the studied orientations. Among all the directions, the 〈111〉
orientation exhibited the highest Debye temperature and Debye velocity. The dominant mechanism of ultrasonic attenuation was
identified as Akhiezer-type, emphasizing its relevance in thermal dissipation and acoustic damping. The findings suggest that PbSe
possesses superior elastic stiffness, whereas PbS exhibits enhanced thermal conductivity and stronger phonon interactions. These
characteristics underscore the potential of PbS and PbSe for applications in thermoelectric and ultrasonic sensing technologies.
Keywords: Lead monochalcogenides; Elastic properties; Mechanical constants; Thermal conductivity; Ultrasonic attenuation

1. INTRODUCTION
To meet the growing global demand for energy, researchers are increasingly focusing on renewable energy sources, 

including solar energy, biofuels, wind energy, thermoelectric power, and fuel cells. Among the materials explored for these 
applications, lead-based chalcogenides, especially lead sulfide (PbS) and lead selenide (PbSe), have gained significant 
recognition in both fundamental research and practical applications due to their distinctive properties [1]. In terms of 
theoretical and experimental studies, the work of Zhang et al. [2] has provided important insights into the anharmonic 
properties of lead chalcogenides. Using density functional theory (DFT) and first-principles calculations, their research 
elucidates the complex interplay between phonon interactions and thermal transport properties in these materials. This 
foundational work underscores the importance of a detailed understanding of both the electronic and photonic 
contributions to the overall performance of thermoelectric materials. These materials are important in a variety of high-
technology applications, including thermoelectric devices, infrared detectors, and photovoltaic cells [3]. The unique 
properties of PbX (X: S,Se), such as their narrow bandgap, high carrier mobility, and low thermal conductivity, make them 
ideal candidates for these applications [4]. Kang and Wise [5] also studied the optical properties and electronic structure of 
lead sulfide and lead selenide quantum dots. The elastic properties of PbX materials are crucial for understanding their 
mechanical stability and potential for device integration. Tripathi et al. [6] have investigated the non-linear elastic and 
acoustic properties of PbTe and found that the ultrasonic attenuation is lowest at 100K which is a highly stable condition. 
Thermophysical properties, including thermal expansion and thermal conductivity, are equally important for applications 
where thermal management is crucial. PbS and PbSe exhibit interesting thermal behavior, which is essential for optimizing 
their performance in thermoelectric applications [7]. Studies have shown that ultrasonic attenuation in chalcogenide 
materials varies with temperature and frequency, providing the potential for their use in temperature-sensitive 
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applications [8]. Recent advances in the study of lead chalcogenides have provided even greater insight into their thermal, 
mechanical, and electronic properties. Skelton et al. [9] carried out first-principles investigations into the thermophysical 
properties of PbX, focusing on their lattice dynamics and temperature-dependent behaviour. Their study provided 
important insights into phonon softening, a phenomenon crucial for understanding the temperature dependence of thermal 
conductivity, which has a major impact on the thermoelectric performance of these materials. By modeling phonon-
phonon interactions, the research highlights the ability of PbSe and PbTe to maintain high thermoelectric performance at 
high temperatures. Anwar et al. [10] explored the influence of synthesis conditions, particularly the bath temperature, on 
the structural and thermoelectric properties of PbSe thin films. The study found that higher temperatures during chemical 
bath deposition improved the crystallinity and particle size of the PbSe films, leading to better thermoelectric performance. 
This finding underscores the importance of controlled synthesis processes in optimizing the functional properties of PbSe 
for practical applications in energy conversion technologies. Chen et al. [11] demonstrated that the synthesis medium 
directly affects the size and morphology of PbSe nanostructures, with nanorods exhibiting superior electrochemical 
properties compared to other morphologies. The study also highlights the importance of structural stability in 
nanostructures for energy storage and conversion applications, demonstrating that smaller nanostructures exhibit better 
electrochemical performance, thereby further strengthening the role of PbSe in next-generation energy technologies. 
Jahromi and Moaddeli [12] used density functional theory to study the band structure of PbS, revealing its potential for 
ultraviolet photoconductive devices. The study highlights the wide applicability of PbS, which has traditionally been used 
in infrared technologies but is now being considered for ultraviolet applications as well, highlighting its versatility. 
Abe [13] observed phase transformations between PbS and PbSe during thin-film deposition, revealing significant changes 
in the crystalline structure that affect the material's optical properties. This transformation from PbS to PbSe during film 
deposition suggests new possibilities for tuning the material's properties through controlled synthesis. As studied by 
Bandoh et al. [14], annealing of PbSe films improved both optical and structural properties, increasing crystallite size and 
reducing lattice defects. This improvement in material quality translates into enhanced performance in optoelectronic 
devices, where crystal structure and purity are crucial to the device's efficiency. Nanocrystalline PbS thin films, as 
investigated by Bayisa et al. [15], were also shown to exhibit excellent optical and structural properties, with the size of the 
crystallites increasing as the film thickness was varied. These findings suggest that controlling the film thickness during 
deposition can improve the material properties, thereby enhancing the performance of PbS-based devices. Recent research 
has also focused on developing PbSe-based multifunctional devices. Khusayfan et al. [16] successfully produced PbSe thin 
films for use in photovoltaic devices, microwave resonators, and X-ray sensors. Their work highlighted the adaptability of 
PbSe for various high-tech applications, especially wireless communication technologies such as 5G. The structural and 
optical properties of PbSe thin films make them ideal for use in next-generation devices, demonstrating the material's 
versatility. Yang et al. [17] developed a novel electrochemical synthesis method to fabricate hierarchically porous PbSe 
films, which showed excellent infrared photodetection properties. These porous structures provide a large surface area, 
thereby improving the material's photoconductive sensitivity and making it highly effective for infrared detection at room 
temperature. This advancement opens new doors for the use of PbSe in low-cost, high-performance photodetectors.  

The limited exploration of ultrasonic attenuation in PbX compounds motivated a detailed investigation employing 
ultrasonic non-destructive evaluation techniques. This study presents a systematic analysis of the anisotropic and 
temperature-dependent elastic, mechanical, thermal, and acoustic properties of PbX (X = S, Se) across principal 
crystallographic directions and within the temperature range of 0–300 K. The results provide critical insights into the 
behavior of these materials under varying thermal and structural conditions, emphasizing their potential relevance in 
industrial and functional applications. The calculated parameters are benchmarked against established data to validate 
the reliability of the theoretical framework, which is grounded in the Born–Mayer interaction potential model. 

 
2. COMPUTATIONAL APPROACH 

2.1 Nonlinear Elastic Behavior: SOECs and TOECs 
SOEC and TOEC serve as important links between mechanical properties and dynamic behavior in crystalline 

materials. We have estimated the temperature-dependent SOECs and TOECs using the methodology proposed by 
Brugger [18]. The potential used to evaluate these elastic constants is obtained by combining the electrostatic and 
repulsive potentials. 

 𝐹 (r) =  𝐹஼(r) + 𝐹஻(r). (1) 

The Born Mayer / repulsive potential, 𝐹஼(r) and 𝐹஻(𝑟)  are prearranged as 

 𝐹஼(𝑟)  = ± ቀ௘మ௥ ቁ and 𝐹஻(𝑟) =  𝐴𝑒𝑥𝑝 ቀି௥௕ ቁ. (2) 

Here, b characterizes the stiffness parameter, r denotes the distance between nearest-neighbour atoms, e refers to the 
electronic charge, and A corresponds to the interaction strength factor [18]. 

The lattice dynamics framework has been proposed by Leibfried and Ludwig [19], Ghate [20], Mori and Hiki [21] 
and the lattice energy is found to vary with temperature. Combining the static and vibrational part SOECs and TOECs 
(𝐶௜௝and 𝐶௜௝௞)  can be defined as 
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 Cij = 𝐶௜௝଴  + 𝐶௜௝௩௜௕    and    Cijk = 𝐶௜௝௞଴  + 𝐶௜௝௞௩௜௕ (3) 

Here, the superscript ‘vib’ indicates the vibrational component of SOECs and TOECs at elevated temperature and ‘0’ 
depicts the static component at 0K. The formulae for computing the 𝐶௜௝ and 𝐶௜௝௞ are given in literature [22]. 
 

2.2 Mechanical Parameters 
The SOECs were used to estimate the mechanical parameters [23] like bulk modulus (B), shear modulus (G), 

Young’s modulus (E), Tetragonal modulus (Cs), shear modulus (G), Cauchy pressure (CP), Zener anisotropic factor 
(ZA), Pugh’s indicator (B/G) and Poisson’s ratio (𝜈) [23] and their values are placed in Table 1. 
Table 1. The formulae for the mechanical parameters of PbX  𝐵 =  (஼భభା ஼భమ)ଷ  G= (஼భభି ஼భమାଷ஼రర) ଵ଴ + ଶ.ହ(஼భభି஼భమ)஼రర ସ[஼రరାଷ(஼భభି஼భమ)] 

E = ଽீ஻ீାଷ஻ Cs =  ஼భభି஼భమଶ ; 𝐶௣= 𝐶ଵଶ– 𝐶ସସ 

ZA= ଶ஼రర஼భభି஼భమ 𝜈 = ଷ஻ିଶீ଺஻ାଶீ 
 

2.3 The Nonlinearity Parameter 
The transmission of ultrasonic waves through a solid medium leads to waveform distortion, primarily influenced 

by the material's microstructural features. The acoustic nonlinearity parameter quantifies this effect and is defined as the 
negative ratio of the nonlinear to the linear terms in the finite-amplitude longitudinal wave equation, evaluated along 
various crystallographic directions. Breazeale’s nonlinearity constant, which captures this behavior, is expressed as a 
linear combination SOECs and TOECs, and is given by: 

β =-(3K2 + K3)/K2 

where K2 and K3 depends on SOECs and TOECs. The detailed expression of K2 and K3 are described in literature [6]. 
 

2.4 Direction-Dependent Ultrasonic Velocities 
The three modes of ultrasonic wave velocities described due to ultrasonic wave propagation are namely one 

longitudinal (VL), and two transverse modes namely quasi-shear (VS2) and shear (VS1) velocities respectively, propagating 
along different crystallographic orientations [24]. Due to crystal symmetry, the two shear modes degenerate along ⟨100⟩ and ⟨111⟩ directions, polarised along  〈100〉, 〈001〉, 〈11ത0〉 and 〈1ത10〉 planes. The formulae for these velocities are 
described in literature [24]. The average of these velocities defined at Debye average velocity (VD) given as 

 𝑉஽ = ቂଵଷ ቄ ଵ௏ಽయ + ଵ௏ೄభయ + ଵ௏ೄమయቅቃିభయ (4) 
 

2.5 Thermoacoustic Properties 
Another important parameter that describes the material thermophysical characteristics is Debye temperature (θD) 

which depends on material parameters and Debye velocity [25] given as  

θD = ௛௞ಳ ቀଷ௡ேఘସగெ ቁభయVD. (5) 

Where h, kB, n, N, 𝜌, M and VD are Planck constant, Boltzmann constant, number of atoms per unit cell, Avogadro 
number, density of substance, molecular weight of substance and Debye average velocity, respectively. 

The thermal conductivity κ is directly influenced by Debye temperature θD [26] given as  𝜅 = ஺ெఋ ವ்య௡భ/యఊమ்  (6) 

Where A = 3.04×10-8; M is defined as average atomic mass in amu; 𝛿 (in Å) is the cube root of volume per atom; 𝛾 is 
the Grüneisen parameter calculated in different directions of ultrasonic wave propagation within the temperature regime 
0-300K. 
Thermal relaxation time τth [27] determined as the time taken by phonon particles to regain thermal equilibrium given as 

 𝜏௧௛ = ଵଶ 𝜏௅ = 𝜏ௌ = ଷ఑஼ೇ௏ವమ (7) 

Where CV represents the specific heat at constant volume, calculated with the help of the AIP Handbook [28]. The 
transformation of thermal to acoustic energy defined as the acoustic coupling constant [29] is given as 

 D = 9< (𝛾௜௝)2> - ଷழఊ೔ೕவమఘ஼ೇ்ாబ  (8) 

The propagation of ultrasonic waves through matter can be used to provide details about it. The details provided 
by the wave are related to amplitude and phase, yet they can be interpreted to reveal many features within matter. When 
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ultrasonic waves are generated and propagate within a material, energy is lost due to scattering, absorption, and the 
difference in acoustic impedance of two different materials at their interface [30]. 

The factors affecting the ultrasonic attenuation coefficient in an ideal crystal are thermoelastic relaxation 
mechanism (TRM), phonon-phonon interaction (PPI), and electron-phonon interaction (EPI). The thermal attenuation 
caused during the maintenance of the equilibrium process for the transfer of energy between compressed and rarefied 
region when the ultrasonic wave passes through the crystal [31,32], defined as  

 ( ఈఔమ)th= ସ గమழఊ೔ೕவమ௞்ଶఘ௏ಽఱ . (9) 

The ultrasonic attenuation resulting from p-p interactions, applicable to both longitudinal and shear waves under 
defined conditions, is given as follows:  ωτ≪1 (where τ denotes the thermal relaxation time and ω represents the 
angular frequency) is [33].  

 ( ఈఔమ)l = ସ గమఛ೟೓ாబ (஽ಽ/ଷ)ଶఘ௏ಽయ . (10) 

 ( ఈఔమ)s = ସ గమఛ೟೓ாబ (஽ೄ/ଷ)ଶఘ௏ೄయ . (11) 

Here E0 represents the thermal energy density obtained from the AIP handbook, while VL and VS represent the velocities 
for the longitudinal and shear modes of propagation, respectively. 
 

3. RESULTS AND DISCUSSION 
The SOECs and TOECs for PbS and PbSe in the temperature range of 0 to 300 K are evaluated using the lattice 

parameter obtained from literature [2,34] and hardness parameters (b = 0.303Å) for PbS and PbSe [35]. The SOECs and 
TOECs are affected by both the anharmonic lattice vibrations and thermal expansion coefficient [36]. The obtained 
values of SOECs and TOECs for PbX are listed in Table 2. 
Table 2. SOECs and TOECs of PbX [in (GPa)] 

Temp. (K) Material C11 C12 C44 C111 C112 C123 C144 C166 C456 
0 

 
 
 
PbS 

93.92 11.28 11.28 -1198.5 -39.05 16.84 16.84 -39.05 16.84 
50 97.66 10.80 10.90 -2022.3 -37.18 14.31 16.88 -39.16 16.84 
100 98.56 10.33 10.86 -2021.5 -35.59 11.77 16.85 -38.98 16.84 
150 99.93 9.83 10.82 -2026.2 -33.81 9.20 16.83 -38.82 16.84 
200 101.39 9.32 10.76 -2032.1 -31.96 6.61 16.78 -38.86 16.84 
300 104.43 8.30 10.64 -2045.7 -28.22 1.42 16.68 -38.20 16.84 
0 

PbSe 

100.86 13.08 13.08 -2089.8 -45.53 19.29 19.29 -45.53 19.29 
50 103.89 12.61 12.64 -2116.4 -43.85 16.82 19.34 -45.63 19.29 
100 105.19 12.10 12.60 -2119.7 -42.11 14.28 19.32 -45.46 19.29 
150 106.71 11.57 12.54 -2125.8 -40.24 11.71 19.28 -45.25 19.29 
200 108.29 11.03 12.48 -2132.7 -38.33 9.13 19.22 -45.01 19.29 
300 111.34 9.92 12.30 -2145.1 -34.36 3.89 19.05 -44.37 19.29 

As shown in Table 2, the longitudinal elastic constant C11 increases with temperature, while the compression 
coefficient C12 and elastic constant C44 decrease with increasing temperature. The elastic constant C44, which is 
responsible for the shear modulus perpendicular to the applied stress, is slightly decreasing with temperature. From the 
increasing C11 and decreasing C12, C44, it can be inferred that the selected PbX becomes stiffer and softer at higher 
temperatures.  Cauchy's criterion for isotropic cubic crystals is derived from the assumption that the internal forces of 
the material are perfectly central and the material is stress free. The Cauchy criteria 𝐶ଵଶ଴ = 𝐶ଵସ଴ , 𝐶ଵଵଶ଴  = 𝐶ଵ଺଺଴ , 𝐶ଵଶଷ଴  = 𝐶ଵସସ଴ = 𝐶ସହ଺଴ . [37] proposed by Cousin [38] are valid at absolute 0K, for PbS and PbSe but fail at higher temperatures, which 
implies that at 0K the interaction forces are central but have increasing ionic character as the temperature increases. The 
TOECs estimated using the theory proposed by Brugger [18] and are utilized to analyze the acoustical and thermal 
phonon interactions and other anharmonic properties of the material under examination. It is obvious from Table 2 that 
the magnitude of C111 is decreasing with increasing temperature, while the magnitude of C112, C123 and C166 are 
increasing with temperature. The elastic constant C144 is nearly constant due to the small effect of the vibrational part, 
while C456 is constant at every temperature due to the absence of vibrational energy. The TOECs pattern of PbX (X: 
S,Se) are similar to that of lead telluride [6] and tin monochalcogenides [38]. 

Figure 1 depicts the deviation plot for SOECs of the present work with previously reported values by experimental 
and theoretical methods [2, 39, 40]. The variation of SOECs obtained in the present work relative to previously reported 
values in the literature is ≈ ±10%, due to differences in the computational approach. The observed variations in elastic 
constants as depicted in Fig. 1, with previously reported values are due to their dependency on temperature-dependent 
lattice parameters, anharmonic phonon contribution and thermal expansion effect which is linked through the Grüneisen 
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parameters which connect the mechanical (elastic) and thermal properties of a crystalline solid. The elastic constants at 
elevated temperatures can be attributed to the increased contribution of vibrational energy. This implies that, with rising 
temperature, atomic interactions and the corresponding interaction potentials within the crystal lattice are modified due 
to the influence of non-central forces. Consequently, a comprehensive understanding of the temperature dependence of 
elastic constants is essential for accurately predicting the effects of thermal conditions on a material’s mechanical 
strength, stiffness, and the interatomic force dynamics across adjacent crystallographic planes. The Born stability 
criterion,{[(𝐶ଵଵ + 2𝐶ଵଶ) 3⁄ ] > 0; 𝐶ସସ > 0; [(𝐶ଵଵ − 𝐶ଵଶ) 3⁄ ] > 0}is satisfactorily fulfilled by the obtained values of 
elastic constants. 

 
Figure 1. Deviation plot for SOECs of PbS and PbSe 

Therefore, while PbX (X: S,Se) is confirmed to be mechanically stable under the Born criterion, it remains 
imperative to analyze the evolution of its mechanical parameters with temperature to assess its suitability for high-
temperature applications. To analyze the mechanical properties of PbX (X: S, Se), various mechanical parameters are 
calculated for PbS and PbSe using the expressions defined in Table 1, within the temperature regime 0–300K and are 
depicted in Table 3. 
Table 3. The mechanical parameters of PbX (X; S,Se) 

Material 
 

Temp. 
(K) 

   E 
(GPa) 

B 
(GPa) 

B* 
(GPa) 

 G 
(GPa) 

B/G ZA 𝜈 Hv CP 
(GPa) 

CS 
(GPa) 

PbS 0 50.34 38.83 54.6 19.60 1.66 0.27 0.28 3.27 0 41.32 
50 50.82 39.75 53.6 19.74 1.66 0.26 0.28 3.31 -0.10 43.43 
100 51.06 39.74 51.6 19.85 1.64 0.25 0.28 3.41 -0.53 44.16 
150 51.46 39.86 49.5 20.02 1.62 0.24 0.28 3.53 -0.98 45.04 
200 51.86 40.04 47.2 20.19 1.60 0.23 0.28 3.65 -1.43 46.03 
300 52.67 40.34 42.3 20.53 1.57 0.22 0.28 3.88 -2.34 48.06 

PbSe 0 55.81 42.34 48.4 21.79 1.66 0.29 0.28 3.67 0 43.88 
50 55.99 43.04 47.6 21.82 1.66 0.28 0.28 3.68 -0.03 45.64 
100 56.38 43.13 46.2 21.98 1.64 0.27 0.28 3.79 -0.49 46.53 
150 56.81 43.28 44.7 22.16 1.63 0.26 0.28 3.91 -0.96 47.56 
200 57.23 43.45 43.1 22.34 1.61 0.25 0.28 4.03 -1.44 48.62 
300 57.96 43.73 39.9 22.65 1.58 0.24 0.27 4.26 -2.37 50.71 

*Ref [2] 
As depicted in Table 3, Young’s modulus, responsible for the stiffness of the material, is increasing with an 

increase in temperature for PbX (X: S, Se), and the value of for PbSe is higher than PbS. Thus, PbSe is stiffer than PbS, 
which is highest at 300 K. The obtained values of E for PbX (X: S, Se) are nearly similar to those reported by Seetawan 
et al. [41] at 300 K using the molecular dynamics method. The bulk modulus indicates a material's resistance to changes 
in volume. PbS is more compressible than PbSe, which is highest at 300 K for PbX.  The reported values of B for PbS 
are 62.8 GPa by experimental method [39] and equal 55.7 GPa and 65.6 GPa, calculated by GGA and LDA methods 
[2], respectively. As depicted in Table 3, the estimated value of B in the present work at 300 K is 40.34 GPa, indicating 
deviations of 5.4% to 19% due to differences in the approach used. 

Modulus of rigidity (G) represents the behaviour of the material to resist change in size and shape. In the present 
study, G values increase with increasing temperature for selected PbX (X: S, Se). As the reported values of Cs and 
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Shear modulus for PbSe are higher than those of PbS at 300K, as depicted in Table 3, it indicates that PbSe is stiffer and 
harder than PbS, as it resists deformation more under both shear and elastic distortions. A similar result has been 
reported by Seetawan et al. [41] at elevated temperatures, which justifies our approach. 

Pugh's index (B/G) compares fracture to toughness which measures the ductility and brittleness of materials. If the 
Pugh index is more than 1.75, then the selected compound is ductile; otherwise, it is brittle. It is evident from Table 3 
that Pugh's ratio for both PbS and PbSe is less than 1.75, indicating that both materials are brittle at all temperatures 
examined in the present work. Poisson's ratio is an important variable for defining the behavior of intermolecular forces. 
The relation 0.5>𝜈 >0.2 is valid for non-central forces and ionic values are around 0.25. In the present case as Table 3 
shows, values are approximately 0.28 which satisfy the relation of non-central. Thus, the 𝜈 values predict that the inter-
atomic forces are non-central and ionic in nature. For brittle materials, the Cauchy pressure is Cp=(C12-C44) <0 and the 
Poisson ratio is 𝜈 < 0.3. Table 3 shows that Cp <0 and 𝜈 <0.3, which predicts that PbS and PbSe are brittle in nature, 
which validates our previous prediction (on the basis of Pugh’s index) of the brittle nature of both materials in the 
present investigation. The Zener anisotropy index (ZA) is a dimensionless quantity that measures the isotropy of a cubic 
crystal. For isotropic materials ZA value is equal to 1. Table 3 shows that the Zener index is different from 1, which 
indicates that the selected PbX are anisotropic in the temperature range 0-300 K. Figure 2 presents the combined plot of 
the Cauchy pressure Cp/Y versus the G/B ratio for PbX (X: S, Se) over the temperature range of 0–300 K. The observed 
downward trend toward the lower right corner of the plot is attributed to the directional nature of bonding in the 
material, which promotes brittle behaviour, revealing the anticipated mechanical response based on theoretical 
predictions. 

  
(a) (b) 

Figure 2. Renormalized Pugh and Pettifor criteria for (a) PbS, (b) PbSe within the temperature range 0-300K 

The estimated SOECs and TOECs were utilized to compute the nonlinearity parameters K2 and K3 [6], which are 
subsequently used to evaluate the temperature-dependent Breazeale’s nonlinearity parameter β across the temperature 
range of 0–300 K. The variation of β along different principal directions of wave propagation is illustrated in Fig. 3, 
highlighting the anisotropic nonlinear elastic behavior of PbX (X:S,Se) with respect to temperature. 

  
(a) (b) 

Figure 3. Orientation-dependent Breazeale’s nonlinearity constant with temperature (a) PbS (b) (PbSe) 
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Figure 3 reveals that the maximum value of the nonlinearity parameter β is observed along the ⟨100⟩ 
crystallographic direction, while the minimum value is recorded along the ⟨111⟩ direction. Furthermore, it is evident 
that the nonlinear parameter β for PbX (X=  S, Se) does not exhibit a consistent trend with increasing temperature, 
indicating a complex dependence on thermal effects. The nonlinearity parameter β does not remain uniform across 
different crystallographic orientations; however, a general linear decreasing trend in its value is observed as the 
temperature increases. Ultrasonic velocity measurements are employed to gain insights into the microstructural 
characteristics of the material. 

To validate and extend our calculations, 3D visualizations showing the directional dependence of Young's 
modulus (E), bulk modulus (B), and shear modulus (G) are presented in Figs. 4,5, and 6 respectively. These 
visualizations also include their 2D projections on the (100), (010) and (001) planes. The calculations for B and G are 
based on established relations given in the literature [42], while the values of G are further elaborated using references 
from the literature [43].  
 ଵ஻ = (𝑆ଵଵ + 2𝑆ଵଶ)(𝑙ଵଶ + 𝑙ଶଶ + 𝑙ଷଶ) (12) 

 ଵா = 𝑆ଵଵ − 2 ቀ𝑆ଵଵ − 𝑆ଵଶ − ଵଶ 𝑆ସସቁ (𝑙ଵଶ𝑙ଶଶ + 𝑙ଶଶ𝑙ଷଶ + 𝑙ଷଶ𝑙ଵଶ) (13) 

 ଵீ = 𝑆ସସ − 4 ቀ𝑆ଵଵ − 𝑆ଵଶ − ଵଶ 𝑆ସସቁ (sinଶ 𝜃 cosଶ 𝜃 + 0.125 sinସ 𝜃)(1 − cos 4𝜑) (14) 

Here, 𝑆௜௝ = 𝐶௜௝ିଵ denotes the elastic compliance matrix, which is obtained as the inverse of the elastic constant matrix. 
The terms l1, l2, and l3 denote the 3D directional cosines corresponding to the x-, y-, and z-axes, respectively. 

A material is classified as isotropic if its 3D and 2D plots exhibit spherical and circular symmetries, respectively; 
deviation from these symmetries indicates anisotropy. As shown in Figs. 4, 5, and 6, the bulk modulus exhibits isotropic 
behavior, maintaining consistent spherical symmetry in its 3D representation. In contrast, both Young's modulus (E) 
and shear modulus (G) deviate significantly from spherical symmetry in their 3D diagrams and from circular symmetry 
in their 2D projections, highlighting their inherent anisotropic properties. 

  

  

Figure 4. 3D-directional dependence of the bulk modulus (B, in GPa) for PbX and its projection in dissimilar planes 
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Figure 5. 3D-directional dependence of the shear modulus (G, in GPa) and its projections in dissimilar planes for PbX 

  

  
Figure 6. 3D-directional dependence of the Young’s modulus (E, in GPa) and its projections in dissimilar planes for PbX 
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Ultrasonic velocity provides information about the microstructure, texture, and damage in materials [44]. The 
temperature-dependent ultrasonic velocities e.g., longitudinal ultrasonic velocity, shear ultrasonic velocity and quasi-
shear ultrasonic velocity along the 〈100〉, 〈110〉and 〈111〉 direction, with the direction of polarization along 〈100〉, 〈001〉, 〈11ത0〉 and 〈1ത10〉 are evaluated using SOECs and densities of PbX in the temperature range 0 - 300K are 
depicted in Table 4. 
Table 4. Ultrasonic velocities (in 103m/s) of PbS and PbSe 

Orientation Temp. 
(K) 

PbS PbSe 𝑉௅ 𝑉ௌଵ 𝑉ௌଶ 𝑉஽ 𝑉௅ 𝑉ௌଵ 𝑉ௌଶ 𝑉஽ 

〈100〉 
0 3.5107 1.2169 1.2169 1.3840 3.5255 1.2698 1.2698 1.4429 

50 3.5789 1.1964 1.1964 1.3616 3.5782 1.2485 1.2485 1.4197 
100 3.5963 1.1939 1.1939 1.3589 3.6003 1.2464 1.2464 1.4175 
150 3.6212 1.1916 1.1916 1.3565 3.6264 1.2435 1.2435 1.4104 
200 3.6475 1.1885 1.1885 1.3532 3.6531 1.2401 1.2401 1.4109 
300 3.7018 1.1820 1.1820 1.3462 3.7043 1.2313 1.2313 1.4015 

〈110〉 
0 2.8955 1.2169 3.2930 1.6883 2.9382 1.2698 3.2889 1.7546 

50 2.9237 1.1964 3.3760 1.6656 2.9560 1.2485 3.3539 1.7309 
100 2.9274 1.1939 3.4026 1.6631 2.9632 1.2464 3.3868 1.7293 
150 2.9362 1.1916 3.4384 1.6611 2.9724 1.2435 3.4240 1.7269 
200 2.9465 1.1885 3.4757 1.6582 2.9817 1.2401 3.4619 1.7239 
300 2.9653 1.1820 3.5516 1.6519 2.9981 1.2313 3.5353 1.7150 

 〈111〉 
0 2.6590 2.0269 2.0269 2.1712 2.7144 2.0354 2.0354 2.1868 

50 2.6694 2.0679 2.0679 2.2086 2.7171 2.0662 2.0662 2.2143 
100 2.6674 2.0819 2.0819 2.2204 2.7179 2.0836 2.0836 2.2297 
150 2.6692 2.1010 2.1010 2.2370 2.7196 2.1032 2.1032 2.2470 
200 2.6709 2.1208 2.1208 2.2542 2.7214 2.1231 2.1231 2.2645 
300 2.6752 2.1611 2.1611 2.2890 2.7223 2.1614 2.1614 2.2974 

Table 4 predicts that the longitudinal ultrasonic velocities for PbX dominate the shear velocities, suggesting that 
the compressional mode plays a key role in ultrasonic wave propagation. The longitudinal velocity for PbS is highest at 
300 K and occurs along the along  〈100〉 direction and remains almost constant along the 〈111〉 direction in the 0-300 K 
temperature regime due to the dependence of velocity on the second order elastic constants. The shear velocity 𝑉ௌଶ due 
to transverse propagation is highest for PbS with 〈110〉 at 300 K. The Debye velocity is increasing with temperature, 
when the wave is propagating in 〈111〉 direction and decreasing with temperature for other two directions of 
propagation for both PbS and PbSe. Pei and Liu [45] reported the longitudinal, transverse and average velocity for PbS 
4.08×103 ms-1, 1.84×103 ms-1, 2.04×103 ms-1 respectively at 300K and for PbSe 3.82×103 ms-1, 1.72×103 ms-1, 1.91×103 
ms-1 respectively at 300K. The obtained longitudinal, shear and Debye average velocities for PbS for ultrasonic wave 
propagating in  〈100〉 direction is 3.70×103 ms-1, 1.18×103 ms-1, 1.34×103 ms-1 respectively and for PbSe is 3.70×103 
ms-1, 1.23×103 ms-1, 1.40×103 ms-1 respectively at 300K. Hence the present investigated values of the wave velocities 
are comparable with the previous findings reported experimentally [45]. The slight variations in the wave velocities of 
present investigations observed may be due to the consideration of wave propagation in all three directions along the 〈100〉, 〈110〉and 〈111〉 direction, with the direction of polarization along 〈100〉, 〈001〉, 〈11ത0〉 and 〈1ത10〉, however 
experimentally reported data have not considered the same and may also involve experimental errors during the 
measurement process. 

 
Figure 7. Debye average velocity in 100-300K temperature range along 〈100〉, 〈110〉 and 〈111〉 for (a) PbS (b) PbSe 

Table 4 and Fig.7 show that the Debye mean velocities are highest in the 〈111〉 and lowest in the 〈100〉  direction 
respectively. The Debye characteristic temperature of a solid material provides details about the vibration spectrum, 
elastic properties and thermodynamic properties of the material. It is the highest normal mode of oscillation of a 
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crystalline material and combines elastic properties such as thermal expansion, phonon dispersion, specific heat, 
thermal conductivity and lattice enthalpy [42]. The Debye temperature, as a bridge between elastic and thermal 
properties, is calculated by Eq. (5). The Debye temperature for PbS and PbSe is shown in Figures 8,9.  

 
Figure 8. Debye temperature along 〈100〉, 〈110〉 and 〈111〉 for (a) PbS (b) PbSe 

 
Figure 9. Debye average temperature in 100-300K temperature range along 〈100〉, 〈110〉 and 〈111〉 for (a) PbS (b) PbSe 

Figure 9 shows that the Debye characteristic temperature for PbSe is lower than that for PbS because θD is inversely 
proportional to the cube of the molecular weight. The decreasing value of the Debye temperature as temperature 
increases is due to its dependence on the Debye velocity, which is a function of the second-order elastic constant. The 
Debye characteristic temperature is highest in the 〈111〉 direction, while it is lowest in the 〈100〉 direction for PbX. The 
Debye mean velocity is used to calculate the Debye characteristic temperature, which is used to estimate the thermal 
conductivity. The thermal conductivity is then used to calculate the thermal relaxation time, which is further used to 
calculate the nonlinearity parameter (acoustic coupling constant) and acoustic attenuation. The calculated values of 
thermal conductivity, nonlinearity parameter, and attenuation for PbS and PbSe are given in Tables 5 and 6, 
respectively. The thermal relaxation time along three crystallographic directions 〈100〉, 〈110〉 and 〈111〉 at 300K for PbS 
and PbSe is shown in Fig. 10. 

 

 

Figure 10. Thermal relaxation time at 300K along 〈100〉, 〈110〉 and 〈111〉 for (a) PbS (b) PbSe  
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Thermal conductivity is an indicator of thermal performance that is highest for PbS along the 〈110〉 direction at 
300K. Thus, PbS along 〈110〉 has better thermal behavior than PbSe. Ultrasonic wave propagation through the material 
causes distortion in the phonon distribution. Wei et. al [46] reported the lattice thermal conductivity for PbS as 2.19 
W/mK, while experimentally reported values are 2.52 W/mK, 2.38 W/mK, and 2.56 W/mK, respectively [45,47,48]. As 
depicted in Table 5, the thermal conductivity for PbS at 300 K under the present investigation is 3.84, 4.87, and 4.43 
along the 〈100〉, 〈110〉 and 〈111〉 direction of wave propagation, respectively. 

Table 5. κ(w/mK), DL, DS1, DS2, (஑஝మ)th, ( ఈఔమ)l, ( ఈఔమ)S1, (ఈఔమ)S2, (ఈఔమ)total  (×10-17 Nps2m-1) for PbS 

Direction Temp. κ DL DS1 DS2 ( ఈఔమ)th ( ఈఔమ)l ( ఈఔమ)S1 ( ఈఔమ)S2 ( ఈఔమ)total 

 〈100〉 
 

50 3.78 32.12 1.023 1.023 0.01 16.79 7.166 7.166 31.141 
100 3.79 31.95 1.023 1.023 0.03 46.66 20.41 20.41 87.515 
150 3.80 31.39 1.022 1.022 0.04 77.38 35.36 35.36 148.14 
200 3.81 30.82 1.022 1.022 0.05 108.36 51.93 51.93 212.27 
300 3.84 29.74 1.021 1.021 0.07 163.64 86.38 86.38 336.47 

 〈110〉 
50 4.74 39.85 0.622 62.77 0.16 28.57 3.257 14.61 46.593 
100 4.74 40.58 0.621 62.05 0.32 84.82 9.571 41.29 136.00 
150 4.79 40.32 0.619 61.28 0.45 147.05 16.90 69.59 233.99 
200 4.81 39.92 0.618 60.63 0.56 211.71 24.95 97.86 335.08 
300 4.87 39.07 0.615 59.62 0.73 342.60 42.58 152.16 538.07 

〈111〉 50 4.30 28.19 40.23 40.23 0.33 11.67 17.91 17.91 47.823 
100 4.32 29.49 39.77 39.77 0.64 35.86 50.86 50.86 138.22 
150 4.35 29.18 39.26 39.26 0.92 63.28 87.29 87.29 238.78 
200 4.37 28.50 38.83 38.83 1.18 90.57 123.25 123.25 338.25 
300 4.43 26.91 38.13 38.13 1.64 141.83 190.62 190.62 524.71 

Table 6.  κ(w/mK), DL, DS1, DS2, (஑஝మ)th, ( ఈఔమ)l, ( ఈఔమ)S1, (ఈఔమ)S2, (ఈఔమ)total (×10-17 Nps2m-1) for PbSe 

Direction Temp. κ DL DS1 DS2 ( ఈఔమ)th ( ఈఔమ)l ( ఈఔమ)S1 ( ఈఔమ)S2 ( ఈఔమ)total 

〈100〉 
 

50 3.56 30.84 1.003 1.003 0.016 20.36 7.801 7.801 35.978 
100 3.57 30.68 1.003 1.003 0.031 34.88 15.05 15.05 65.013 
150 3.58 29.53 1.002 1.002 0.043 59.00 24.83 24.83 108.71 
200 3.59 28.97 1.002 1.002 0.052 82.20 36.34 36.34 154.93 
300 3.61 27.92 1.001 1.001 0.067 125.16 61.12 61.12 247.46 

〈110〉 50 4.43 36.88 0.619 58.61 0.1441 20.767 2.315 11.29 34.522 
100 4.45 39.54 0.618 57.74 0.2731 35.051 19.76 92.03 147.12 
150 4.47 37.37 0.616 56.92 0.3837 106.68 12.01 53.15 172.22 
200 4.50 36.96 0.614 56.20 0.4784 153.49 17.71 74.54 246.23 
300 4.55 36.15 0.610 55.11 0.6267 248.25 30.25 115.3 394.51 

〈111〉 50 4.01 27.02 37.73 37.73 0.2582 9.3199 14.79 14.79 39.170 
100 4.03 31.40 37.17 37.17 0.4989 19.763 153.0 153.0 90.869 
150 4.05 27.99 36.65 36.65 0.7197 51.832 73.36 73.36 199.27 
200 4.08 27.34 36.18 36.18 0.9219 74.480 103.7 103.7 282.96 
300 4.12 25.75 35.45 35.45 1.283 112.46 154.7 154.7 423.14 

The thermal relaxation time, 𝜏௧௛  for PbS and PbSe is of the order of 10-11 second, which confirms the 
semiconducting nature of the chosen materials [49]. 𝜏௧௛ is shortest along 〈110〉  and the highest along 〈111〉  as shown 
in Fig. 10, from which it can be inferred that the change in thermal energy to recover the phonon shape is faster along 
the 〈110〉 direction. The non-linearity parameter i.e. acoustic coupling constant is the parameter that quantifies the 
conversion of acoustic energy into thermal energy via the phonon interaction mechanism. The longitudinal coupling 
constant is higher in the 〈110〉  direction at 100K while the shear coupling constant is higher in the 〈111〉direction at 
50K. The total coupling constant sum of longitudinal and shear coupling constants, is highest in the 〈110〉 direction, 
from which it can be inferred that the conversion of thermal to acoustic energy is highest in the 〈110〉  direction. The 
higher value of the coupling constant of PbS compared to PbSe shows that the conversion rate from thermal to acoustic 
energy is higher for PbS than for PbSe. It is clear from Table 5 that the loss due to the phonon-phonon (p-p) viscous 
process (Akheizer loss) dominates the thermal loss. The Ultrasonic attenuation due to the thermoelastic relaxation 
process is inversely proportional to the acoustic velocity [50].  

Tables 5 and 6 clearly shows that ultrasonic attenuation caused by the thermoelastic relaxation mechanism is 
minimal compared to that from p-p interaction. This indicates that most of the ultrasonic energy loss happens as the 
system reaches equilibrium among different phonon branches and wave propagation directions. The similar values for 
ultrasonic attenuation among different directions of wave propagation reported previously [51] validate our findings and 
the approach we performed. The acoustic attenuation due to the thermoelastic relaxation process is largest in the 〈111〉 
direction and smallest in the 〈100〉 direction for PbS and PbSe. The Akheizer damping at 300K is larger in the 〈111〉 



700
EEJP. 3 (2026) Sudhanshu Tripathi, et al.

direction and smaller in the 〈100〉 direction. Ultrasonic attenuation refers to the loss of energy in ultrasonic waves as 
they propagate through a material. It provides information on the microstructure, particle size, porosity, stress state and 
heterogeneity of the material. The total ultrasonic attenuation of PbS and PbSe is shown in Fig. 11 in the 〈100〉, 〈110〉 
and 〈111〉 directions. 

 
Figure 11. Total attenuation of PbS and PbSe along <100>, <110>, <111> direction 

Figure 11 shows that PbS has higher attenuation values than PbSe, which imposes limitations on the applications 
of PbS. The ultrasonic attenuation coefficient shows that PbS is more suitable for applications that require minimal 
signal loss, such as in ultrasonic transducers and sensors. PbSe with large attenuation is used for applications where 
controlled energy dissipation is beneficial. 

 
4. CONCLUSIONS 

The Born potential model has been successfully applied to calculate the second- and third-order elastic constants 
and compared with existing results to validate the theory. The elastic constants are highest for PbSe indicating that PbSe 
is highly elastically stable. Pugh index, Cauchy pressure and Poisson ratio confirm that PbS and PbSe are brittle in 
nature in the temperature range 0-300 K. Zener anisotropy index indicates that PbS and PbSe are anisotropic. The 
thermal performance of PbS is better due to higher values of thermal conductivity and Debye temperature. The 
relaxation time is of the order of 10-11 second which validates the semiconducting nature of PbS and PbSe in the 
temperature range 0- 300K and in 〈100〉, 〈110〉 and 〈111〉 direction. The thermal energy to acoustic energy conversion 
is highest in the 〈111〉 direction for PbX. The attenuation coefficient of PbS is lower than that of PbSe. The total 
attenuation for both PbS and PbSe is the lowest in the〈100〉 direction, indicating that the 〈100〉 direction is the most 
suitable direction for wave propagation. These results offer a baseline for designing and improving PbX-based 
thermoelectric materials, sensors, and non-destructive ultrasonic evaluation systems. 
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Проведено всебічне дослідження пружних, механічних та термоакустичних властивостей монохалькогенідів свинцю PbX 
(X = S, Se) вздовж основних кристалографічних напрямків 〈100〉, 〈110〉 та 〈111〉 у діапазоні температур 0–300 К з 
використанням ультразвукового неруйнівного методу оцінки. Пружні постійні другого та третього порядку (SOEC та TOEC) 
були розраховані з використанням кулонівської та борнівсько-майєрівської потенційних моделей, що підтверджують пружну 
стабільність досліджуваних матеріалів. Похідні механічні параметри та швидкості ультразвуку були отримані з SOEC, що 
вказує на тендітну механічну поведінку, засновану на коефіцієнті Кнута. При температурі 300 К були визначені температура 
Дебая, швидкість Дебая, теплопровідність ґрат, параметр акустичної нелінійності та коефіцієнт ультразвукового згасання 
вздовж досліджуваних напрямків. Серед усіх напрямків орієнтація 〈111〉 показала найвищу температуру Дебая та швидкість 
Дебая. Домінуючим механізмом ультразвукового згасання було ідентифіковано механізм типу Ахіезера, що підкреслює його 
роль у тепловіддачі та акустичному демпфуванні. Результати показують, що PbSe має чудову пружну жорсткість, тоді як PbS 
демонструє підвищену теплопровідність і сильніші фононні взаємодії. Ці характеристики підкреслюють потенціал PbS та PbSe 
для застосування в термоелектричних і ультразвукових сенсорних технологіях. 
Ключові слова: монохалькогеніди свинцю; пружні властивості; механічні константи; теплопровідність; ультразвукове 
згасання 




