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This research communication explores the Darcy - Forchheimer flow of a chemically reacting non-Newtonian Maxwell fluid over a 
stretching sheet, incorporating the Cattaneo – Christov heat flux under a convective boundary condition. The fluid flow is described by a 
set of partial differential equations, which are subsequently transformed into a system of nonlinear ordinary differential equations. To 
solve these equations numerically, the BVP4C Method was employed after appropriately defining non dimensional variables and 
implementing similarity transformations. The impacts of diverse active parameters such as Deborah parameter, Darcy-Forchheimer 
parameter, magnetic parameter, Biot number, and porous parameter are examined on the velocity, temperature, and concentration 
profiles. In addition, the value of the Skin friction, Nusselt number is calculated and presented through tabular forms. 
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INTRODUCTION 
As Advancements in technology progress, our understanding of fluid dynamics has expanded beyond the 

limitations of Newtonian models. The emergence of non-Newtonian fluid concepts has proven invaluable in 
comprehending complex flow behaviors. Of particular interest is the Maxwell fluid, renowned for its remarkable 
attributes in both technical and industrial applications. Maxwell fluids are employed to enhance the thermal radiation 
characteristics of conductive fluids. In the polymer manufacturing industry, they are particularly useful for 
understanding and controlling the flow behavior of polymer melts during processing, as well as for optimizing thermal 
properties such as heat transfer and radiation. Additionally, Maxwell fluids play a role in modeling the behavior of 
biological fluids, such as blood flow in arteries, where both elastic and viscous effects are significant.  

Khan et al. [1] conducted a study on the mathematical analysis of heat and mass transfer in a Maxwell fluid 
flowing over a stretching sheet, considering the influence of thermophoretic and stratification effects. The heat transport 
within a two-dimensional steady radiative boundary layer involving Maxwell fluid flow, while also analyzing the 
impact of heat generation nd Magnetohydrodynamics (MHD) over a porous inclined plate investigated by 
Sudarmozhi et al. [2]. Zhao et al. [3] reported the study of unsteady natural convection heat and mass transfer in a 
porous medium involving a fractional MHD Maxwell fluid, considering the presence of Soret and Dufour effects. 
Hayat et al. [4] analyzed the heat and mass transfer analysis in the stagnation region of Maxwell fluid with chemical 
reaction over stretched surface. In their study, Riaz et al. [5] focused on the combined effects of heat and mass transfer 
on MHD free convective flow of Maxwell fluid with variable temperature and concentration. The numerical analysis of 
absorbing boundary condition for the Maxwell fluid flow over a semi-infinite plate with considering the magnetic field 
was studied by Bao et al. [6]. Yasin et al. [7] discussed a contemporary investigation on peristatically induced flow of 
Maxwell fluid, incorporating the modified Darcy’s law and Hall effect alongside slip conditions. Babu et al. [8] focused 
on numerical investigation of Thermophorosis and activation energy effects of Maxwell nano fluid over an inclined 
magnetic field applied to a disk. The authors [9,10,11,12] have instigated the MHD flow and Heat transfer for Maxwell 
fluid over an exponentially stretching sheet with variable thermal conductivity in porous medium. 

Darcy-Forchheimer flow characterizes the movement of fluid through a porous substance, combining the 
principles of Darcy’s law and Forchheimer’s quadratic resistance law. This phenomenon finds widespread application 
in engineering and geophysics, including scenarios like ground water percolation through soil, oil seepage in porous 
rock formations, and fluid passage within packed beds in chemical reactors. Darcy’s law fundamentally states that the 
flows rate of a fluid through a porous material is directly proportional to the pressure gradient. This principle serves as a 
cornerstone in understanding fluid movement in porous media. 

In their study, Waqas et al. [13] delved into the properties of Magneto-Maxwell nano lquid towards moving 
radiated surface. Flow analysis subject to Darcy-Forchheimer concept is studied. Newtonian heat/mass conditions and 
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heat source aspects are taken into account for modeling. Rashid et al. [14] explored the Darcy-Forchheimer flow of 
Maxwell fluid with activation energy and thermal radiation over an exponential surface. Upreti et al. [15] analyzed the 
computational study on MHD Darcy-Forchheimer flow and double-diffusive modeling of Maxwell fluid over rotating 
stretchable surface. Das et al. [16] and Ganesh et al. [17] studied on the Darcy Forchheimer flow of hydromagnetic fluid 
flow over a stretching surface in a thermally stratified porous medium with second order slip, viscous and ohmic 
dissipation effects. Cui et al. [18] developed the thermal analysis of radiative Darcy-Forchheimer nano fluid flow across 
an inclined stretching surface.  

The Cattaneo-Christov heat flux model improves upon Fourier’s law of heat conduction by incorporating a finite 
thermal relaxation time, enhancing accuracy for systems with notable thermal inertia or fast temperature variations. This 
model, when coupled with MHD Maxwell fluids, characterizes visco-elastic fluids affected by magnetic fields and 
transient heat transfer. Its application extends to analyzing phenomena such as the flow of electrically conducting fluid 
in magnetic confinement fusion, behavior of magnetorheological fluids in magnetic fields, and heat transfer in systems 
experiencing rapid temperature changes or possessing high conductivity. Jawad and Nisar [19] studied the upper 
convected flow of Maxwell fluid near stagnation point through porous surface using heat flux model. Khan et al. [20] 
developed the numerical investigation of MHD Cattaneo-Christov thermal flux frame work for Maxwell fluid over a 
steady extending surface with thermal generation in a porous medium. Rubab and Mustafa [21] conducted a study on 
the MHD three-dimensional upper-convected Maxwell fluid over a bi-directional stretching surface by considering the 
Cattaneo-Christov heat flux model. The numerical study of radiative Maxwell viscoelastic magnetized flow from a 
stretching permeable sheet with a Cattaneo-Christov heat flux was developed by Sahid et al. [22]. Islam et al. [23] 
studied the Cattaneo-Christov theory for a time-dependent magnetohydrodynamics Maxwell fluid through a stretching 
cylinder. Salmi et al. [24] explained the numerical study of heat and mass transfer enhancement in Prandtl fluid MHD 
flow using Cattaneo-Christov heat flux theory.  

The current study delves into the investigation of steady, two-dimensional flow of a Darcy-Forchheimer Maxwell 
fluid through a stretchable surface. Additionally, the analysis incorporates heat and mass transfer phenomena, 
employing the Cattaneo-Christov theory with chemical reactions. The novelty of this work lies in its examination of the 
Darcy-Forchheimer Maxwell fluid within the framework of the Cattaneo-Christov theory, considering convective 
boundary conditions, a combination not explored in existing literature. To address this gap, the authors undertake an 
examination of such effects on Maxwell fluid flow. To normalize the system, similarity variables are introduced. 
Numerical solutions are obtained using the Matlab bvp4c technique. The study discusses the graphical representation of 
the evolving parameters along the velocity profile, temperature profile, and concentration profile. 

 
FORMULATION 

Figure 1 illustrates a MHD steady Darcy – Forchheimer flow of Maxwell fluid. An incompressible fluid saturates 
the porous plate. Flow is caused due to a linear stretching surface. Cattaneo-Christov heat flux model instead of 
conventional Fourier’s law of heat conduction is applied to study the heat transfer characteristics. The Cartesian 
coordinate system is adopted in such a way that x-axis is taken along the stretching sheet and y-axis is orthogonal to it.  

Let  U x axw  denotes the surface stretching velocity along the x-axis direction. We also consider the effect of 

constant magnetic field of strength B0 which is applied normally to the sheet. With these assumptions, the governing 
equations for continuity, velocity, temperature, and concentration in a steady two dimensional flow of a Maxwell fluid 
are given by 

 

Figure 1. Schematic diagram 
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Invoking the following similarity transformations 
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Equation (1) is identically satisfied and Equations (2), (3), (4), and (5) with the help of Equation (6) take the following 
forms: 
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The transformed boundary conditions are 
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Where  is the Deborah number, 2a  is the non-dimensional thermal relaxation time, 
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 represents the Biot number, 2 denotes Relaxation time for heat flux. 

The expression for the Local Skin friction, the Local Nusselt number, and the Sherwood number are defined as: 

1/2 (0);f rC Re f   1/2 (0);rNuRe     1/2 (0);rShRe   
 

 
METHODOLOGY 

The reduced ODE models (7), (8), and (9) are solved numerically by applying the MATLAB bvp4c algorithm. In 
this regard, initially we convert the higher order equations to first order equations. Let us 
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take 1 2 3 4 5 6 7, , , , , ,f f f f f f f f f f             .Then the reduced equations are written as in the following 

form: 
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The transformed boundary conditions are 
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RESULTS AND DISCUSSIONS 

In this study, a system of nonlinear ordinary differential equations represented by the equations (7), (8), and (9), 
subject to the constraints specified in equation (10), is solved numerically. The numerical solution is obtained using the 
shooting process with the bvp4c MATLAB Package. This computational approach allows for the investigation of the 
influence of various non-dimensional parameters on the profiles of velocity, temperature, and concentration within the 
system. 

Specially, the study explores the impact of non-dimensional parameters such as Deborah number, inertia 
coefficient, and Biot number, and others on the velocity, temperature and concentration profiles. Additionally, the 
effects of these parameters on skin friction coefficient, Nusselt number are examined. The study maintains certain non-
dimensional parameter values throughout its analysis, setting M to 0.5, Pr to 0.62, Bi to 0.7, Ec to 1, Nt to 0.3, Nb to 
0.3, Fr to 0.5, and  to 0.2,  to 0.2. These values remain constant through the study, except when varying parameters 

are explicitly depicted in the figures. Overall, the study provides valuable insights into the behavior of the system under 
different parameter combinations, facilitating a deeper understanding of the underlying physical phenomena and aiding 
in the optimization of system performance. 

Figures 2-4 illustrates the impact of the local Forchheimer number (inertia coefficient) Fr. It is evident from the 
figures that fluid velocity diminishes with enhancing Fr, as the inertia coefficient is directly related to the porosity of the 
medium and drag coefficient Cb. Thus, with higher values of Cb, both the porosity of the medium and drag coefficient 
enhances. Consequently, the resistance force on the liquid is enhanced, resulting in lower velocity corresponding to 
larger Forchheimer numbers. An enhancing in inertia coefficient (Fr) leads to stronger temperature and concentration 
profiles and more thickness of boundary layers. 

 
Figure 2. Sketch of Fr on f   

 
Figure 3. Sketch of Fr on  
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Figures 5–7 depicts the change in velocity, concentration, and temperature profiles for different values of the 
porosity parameter . As porous media tends to increase resistance to fluid motion, the fluid velocity diminishes 
accordingly. Conversely, an opposite trend is observed in the concentration profile and temperature profile with an 
increase in the porosity parameter. 

  

Figure 4. Sketch of Fr on  Figure 5. Sketch of  on f   

  

Figure 6. Sketch of  on  Figure 7. Sketch of  on  

Figures 8-10 elucidate how the imposition of magnetic constraints (M) impacts velocity, temperature, and 
concentration fields. Analysis of these figures led us to anticipate a flattening of fluid velocity with enhancing M. 
Physically, the magnetic field induces a drag force that opposes fluid motion, thereby reducing velocity. Conversely, 
temperature and species concentration profiles intensify with changes in the magnetic parameter. 

Figure 8. Sketch of M on f   Figure 9. Sketch of M on  
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Figure 10. Sketch of M on  Figure 11. Sketch of  on f   

Figure 11 illustrates how the velocity distribution ( )f  is influenced by the Deborah number. As the Deborah 

number ( )  enhances, resulting that the velocity diminishes. In Figure 12, it is shown that higher values of the Deborah 

number lead to an augmentation in the temperature field   and thickness of the thermal boundary layer. Physically, the 

Deborah number is associated with relaxation time, which is greater for higher Deborah numbers. Consequently, a 
larger relaxation time correlates with higher temperatures and thicker thermal boundary layers. The impact of Deborah 
number ( ) on the concentration profile is depicted in Figure 13. Here we observed that the concentration profile is 

higher when we enhance the values of Deborah number ( ) . 

  

Figure 12. Sketch of  on  Figure 13. Sketch of  on  

Observing the Figure 14, it becomes apparent that the temperature profile of the fluid diminishes as the thermal 
relaxation parameter ( ) enhances. This phenomenon occurs because, as the parameter ( )  rises, material particles 

require more time to transfer heat to adjacent particles. In essence, for higher values of the thermal relaxation 
parameter ( ) , the material exhibits characteristics akin to non-conductivity, leading to decrease in the temperature 

profile. Consequently, it can be concluded that the temperature profile is lower in the case of the Cattaneo-Christov heat 
flux model compared to Fourier’s Law. Figure 15 describes the impact of thermal relaxation parameter ( ) on 

concentration profile. It shows an increase in the thermal relaxation parameter, the concentration distribution also 
enhances. 

Figures 16-17 showcase the influence of the Prandtl number (Pr) on temperature and concentration distribution. 
The Prandtl number varies depending on the material and is unique to each fluid. The figures indicate that as Pr 
increases, the fluid temperature decreases. A high Pr implies that momentum diffusivity surpasses thermal diffusivity, 
resulting in a reduction in energy boundary layer thickness. Typically, in heat transfer problems, Pr is employed to 
decrease the relative thickness of both thermal and momentum boundary layers. Similarly, this behavior is observed in 
concentration profiles. 
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Figure 14. Sketch of  on  Figure 15. Sketch of  on  

 
 

 
 

Figure 16. Sketch of Pr on  Figure 17. Sketch of Pr on  

Figures 18-19 depict the impact of the thermophoresis parameter ( )Nt on the both temperature profiles and 

concentration profiles. These figures depict that ( ), ( )    are the increasing function of thermophoresis parameter for 

escalating values of Nt. As Nt increases, the thermal conductivity of liquid also enhances. A higher thermal 
conductivity liquid leads to more advanced temperature and concentration fields. 

  

Figure 18. Sketch of Nt on  Figure 19. Sketch of Nt on  

Figures 20-21 depict the impact of the Brownian motion parameter ( )Nb on the both temperature and concentration 

profiles. In Figure 20, as enhancing in the Brownian motion parameter ( )Nb the temperature profile enhances. Figure 
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21 illustrates how Nb impacts concentration profiles. Increasing Nb leads to reduced concentration profiles due to 
enhanced Brownian motion. This parameter signifies diffusion at a microscopic level, causing particles to spread out 
over time. Higher Nb values indicate more energetic motion, accelerating diffusion and resulting in a more uniform 
concentration profile. Boundary conditions, like container size and surface presence, influence particle behavior, 
affecting concentration profiles, particularly near solid boundaries. 

  

Figure 20. Sketch of Nb on  Figure 21. Sketch of Nb on  

Table 1. In this section, we have to elaborate the numerical result against the different prominent factor like, 
0.2,  0.2,  0.5,  0.5Fr M      are the fixed values for the local skin friction coefficient. It is seemed to be as 

enhance in the values of Deborah number, Porosity parameter, local Forchheimer number (inertia coefficient), and 
Magnetic parameter, there is a decreasing nature in the skin friction coefficient. 

    Fr  M  fC  

0.2    -0.217955 
0.3    -0.239688 
0.4    -0.261130 

 0.3   -0.257903 
 0.4   -0.296672 
 0.5   -0.334356 
  0.6  -0.243860 
  0.7  -0.269300 
  0.8  -0.294298 
   1 -0.406792 
   2 -0.724761 
   3 -0.993166 

Table 2. In this section, we have to elaborate the numerical result against the different prominent factor like, 
0.2,  0.2,  0.5,  0.5Fr M     are the fixed values for the Nusselt number. It is noticed that the Nusselt number 

diminishes gradually, an escalating in the values of Deborah number, Porosity parameter, local Forchheimer number 
(inertia coefficient), and Magnetic parameter. 

    Fr  M  Nu  

0.2    0.140714 
0.3    0.139823 
0.4    0.138949 

 0.3   0.139880 
 0.4   0.139062 
 0.5   0.138263 
  0.6  0.140584 
  0.7  0.140452 
  0.8  0.140318 
   1 0.068228 
   2 -0.049182 
   3 -0.144519 
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CONCLUSIONS 
Key findings of the study are summarized as follows. 

 The velocity field diminishes for escalating the values of inertia coefficient, Magnetic parameter, Porosity 
Parameter, Deborah number, and also thermal relaxation parameter. 

 By enhancing the values of inertia coefficient, Magnetic parameter, Porosity Parameter, Deborah number, and 
thermal relaxation parameter one can escalating the temperature field, but the opposite tend seen with Prandtl 
number. 

 The concentration field increases for larger values of inertia coefficient, Magnetic parameter, Porosity 
Parameter, Deborah number, thermal relaxation parameter, and also for Prandtl number. 

 An increment in the values of thermophoresis parameter, the temperature and concentration profiles 
corresponding boundary layers are upsurges gradually. 

 By increasing the values of Brownian motion parameter, the temperature profile upsurges, but the reverse tend 
seen in the concentration profile. 

 The local skin friction coefficient and Nusselt number diminishes with escalating the values of Deborah 
number, Inertia coefficient, Porosity, and Magnetic parameter. 
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ПОТІК МАГНІТОГІДРОДИНАМІЧНОЇ РІДИНИ МАКСВЕЛЛА В МОДЕЛІ ДАРСІ – ФОРХГЕЙМЕРА 

З ТЕПЛОВИМ ПОТОКОМ КАТТАНЕО – КРІСТОВА НАД ЛИСТОМ, ЩО РОЗТЯГУЄТЬСЯ, 
ЗА КОНВЕКТИВНИХ ГРАНИЧНИХ УМОВ 

Д. Дастагірі Бабуa, С. Венкатешварлуa, Р. Ханума Наїкb, Д. Манджулаc 
aКафедра математики, Меморіальний коледж інженерії та технології Раджива Ганді, 

Нандьял-518501, Андхра-Прадеш, Індія 
bКафедра електроніки та комунікаційної техніки, Меморіальний коледж інженерії та технології Раджива Ганді, 

Нандьял-518501, Андхра-Прадеш, Індія 
cКафедра математики, Інститут інженерії та технології матері Терези, 

Паламанер-517408, Андхра-Прадеш, Індія 
У цьому дослідницькому повідомленні досліджується потік Дарсі-Форхгеймера неньютонівської рідини Максвелла, яка 
хімічно реагує, над розтягнутим листом, включаючи тепловий потік Каттанео-Крістова за конвективних граничних умов. 
Потік рідини описується системою диференціальних рівнянь у частинних похідних, які згодом перетворюються на систему 
нелінійних звичайних диференціальних рівнянь. Для чисельного вирішення цих рівнянь було використано метод BVP4C 
після належного визначення безрозмірних змінних і реалізації перетворень подібності. Вплив різноманітних активних 
параметрів, таких як параметр Дебори, параметр Дарсі Форхгеймера, магнітний параметр, число Біо та параметр пористості, 
досліджується на профілі швидкості, температури та концентрації. Крім того, розраховані значення поверхневого тертя, та 
число Нуссельта представлені в табличній формі. 
Ключові слова: МГД; рідина Максвелла; модель Дарсі-Форхгеймера; тепловий потік Каттанео-Крістова; магнітний 
параметр 


